Act One: The Promise of Political Equilibrium

— A. Preferences for Policies
- B. Representation and Scalability of Preferences
— C. Social Decision Rules and Condorcet Winner

- D. Political Party Game and Political Equilibrium




A. What is Needed to Describe Preferences for Policies?
- Alternative or Policy Set, A = {B, L, O}

— Individual or Homogenous Group Set, X={a, b, c, d, e,f}

— Individual or group preferences over alternatives:
E.g., B P,L - B Preferred by a to L

- If individual or group preferences transitive, then
preference rankings over {B,L,0} exist which we
can represent by numbers with higher numbers
indicating higher preferences -- Utility functions).

- Distribution F(x) (or density f(x)) of preference
rankings in population.




__Preferences for Vietnam War Policy in 1968

Utility for Each Option - Higher Numbers Better

All six possible preference orderings listed

Doves Dovishly Dovish Hawkish | Hawkishly | Hawks
“More War | Decisive | “No warif | “Moreif | Decisive |“More War
Bad” necessary” | necessary” Good”
f € d C b a
B: Bomb to 1 2 1 2 3 3
Victory
L: Limited 2 1 3 3 1 2
War
O: Out of 3 | 3 2 1 2 1
Case 1: % Pop. 0 34% 33% 0 0 33%
Case 2: % Pop. 0 24% 24% 0 0 529,
Case 3: % Pop. 25% 0 25% 25% 0 25%
Case 4: % Pop. 20% 0 20% 20% 0 40%
Case 5: % Pop. 70% 0 10% 10% 0 10%




Scalable Preferences
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Results of Euclidian Scaling

Group’s Utility Values for Policies
(Rankings of Policies Above)

Doves Dovish Hawkish Hawks
B: Bomb to 0 40 60 100
Victory 1) 1) (2) 3)
L: Limited 50 90 90 50
War (2) 3) 3) (2)
O: Out of 100 60 40 0
Vietnam 3) (2) (1) (1)

— Conclusion: Ideal Points and Euchdlan Utility function
scale these responses.




Utility for the Policy Option
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Cases 3, 4, 5 -- Scalable Preferences
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B. Are preferences representable and scalable in some way?

— Can we scale them in terms of ideal point locations and distance from
the policy option?

— Assign the Following Numbers:

Policy Locations: Ideal Points of Groups:
Bomb (B): 100 HawKks (a): 100
Limited (L): 50 Hawkish (¢): 60
Out (O): 0 Dovish (d): 40

Doves (f): 0

- Compute the following Euclidian Distance:

Utility(Policy, Group) =100 -
Abs(Policy Location - Ideal Point of Group)




C. Social Decision Rules and Condorcet Winners

— How can a decision be made from individual rankings?

— Condorcet Rule: A Condorcet winner is a policy that
defeats or ties all other policies in pairwise elections.

— Other Rules: Other rules are possible. Condorcet is not
necessarily best.

— Assume options are ranked B, L, O, and L is only slightly

less preferred by everyone than B and some people
really dislike B.

— But Condorcet Winner has many nice properties.




Condorcet Results from Cases Above

Pairwise Comparisons - Condorcet Winner? _ CONDORCET
BPL? Bomb |LPO?- Limited /BPO? - DutBaabl SOCIAL
Over Limited? |Over Out? (| Over Limitod? o’ RANKING

CASE 1: (a,de) |67% (ate) 66% (a+d)  |33% (@) NONE

CASE 2: (a,de) |76% (a+e) 76% (a+d) 52% (a) B,L,O

CASE 3: (a,c,d,f) |25% (a) 75% (a,c,d) | 50% (a,c) L, (B,0)

CASE 4: (a,c,d,f) | 40% (a) 180% (a,cd) | 60% (a ) L, B, O

CASE 5: (a,c,d,f) [10% (a) 30% (a,c,d) 20% (a,c) O.L,B

In General: a,b,e a,c,d a,b,c

Median Voter — The voter at the median of the distribution when
single-peaked preferences are scaled along one dimension.

For scalable cases (3,4,5), the preferred policy of the medianv = *-
the Condorcet winner.




Conclusions

- Single-Peaked Preferences Sufficient for Condorcet Winner to
exist at median, but not necessary.

Proof Sketch: Index individual preferences by ideal points along
a line which is possj ecause of single-peakedness. Assume ¢
is the policy of mredian voter. For any policy r to the right of a,
it will win at least half the votes because’it will win all the votes
to the left of a preferred by anyone to the left
of a by single-peakedness) and perhaps it will win some votes
between r and a. Similarly for any policy to the left of a.

- Distribution of Preferences determines which policy wins.




D. Committee and Political Party Games

— Are there institutions that produce social choices? How well do
these social choices compare to Condorcet Winner?

— Examples of “Institutions”:
— Markets
- Electoral and Party systems
- Legislatures and Committees
- Courts
- — Protests, Revolutions, Coup Attempts
— Wars and International Bargaining




Committee Game - Duncan Black, 1948:

—- Individuals (committee members) in X have preferences
over alternatives A.

- Alternatives in A presented sequentially by members
starting from status quo alternative “s” in A.

- Motivations of committee members unclear.

- Majority vote of individuals in X decide winner.

- End when no alternative beats current winner (Nash).

Downsian Electoral Game - Anthony Downs, 1957:
- Individuals (electorate) in X have preferences over
alternatives A.
- Two parties choose alternatives “a” and “b” in A.
— Parties only care about winning.
- Majority vote of individuals in X chooses winner.
- Political equilibrium is Nash equilibrium.




Nash Equilibrium
— Payoff to party one is IT' and to party two is IT°.

- Payoffs are function of policies chosen. Suppose “a” by one
and “b” by two:
I1'(a,b) and IT(a,b)

— Policy pair (a*,b*) is Nash when:

For every ain A: II'(a*b*) > Hl(a,b*) — Party one has
no incentive to change from a.

For every b in A: Hz(a*,b*) > Hz(a*,b) - Party two has
no incentive to change from b.
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What can we say about these Games?

- If preferences are single peaked, then there exists
a Nash equilibrium in the Downs game which is the
policy of the median voter.

Proof Sketch: The median voter is the Condorcet
winner in this case. Any party that deviates will do
less well than its opponent.

- If preferences are single peaked, then there is a
Condorcet winner which is the policy of the
median voter.

— If preferences are single peaked, then the
Condorcet winner 1s the Downs equilibrium.

— Hence: The equilibrium of the Downsian game is
the Condorcet solution and “fair.”

— Compare: The equilibrium of a competitive
economy is Pareto optimal and efficient.







